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ON CONTINUITY AND LIMIT POINTS OF w-DARBOUX FUNCTIONS
In papers [2] and [3] the properties of limit numbers of real functions of real variable were studied. It is easy ( king a little modification) to generalize a definition of t limit number to the case of functions defined and assuming values in some topological spaces (see Definition 2) .
It is easy to see, that for a real Darboux function f, of real variable, x Q is the point of continuity of that function if and only if the set of all limit elements of f at in this paper).
In this paper we show that the above fact takes place in the case of Darboux functions defined and assuming values in some topological spaces. Moreover, the considered property takes place for some larger class of functions than Darboux functions (see Definition 1) .
We shall use the standard notations and terminology whicrt were used in the monograph of R. Engelking (where is a directing relation in 2 and ^ is a directing relation in 2), we shall denote by j^jg'eS' " Now, we give two definitions. Definition 1.
Let f:X-»-Y, where X and Y are arbitrary topological spaces. We say that f is a w-Darboux mapping, if for every open and connected set UcX, f(U) is a connected set. Definition 2.
Let f:X-• Y, where X and Y are arbitrary topological spaces, and let xQe X. We say that yQ e Y is a limit element of a function f at xQ, if there exists such a net ix*!,.
, that x" e lim x, and ye lim f(x,J I 6J6eE o 6e2: 6 J o 6e2 6 We denote by L(f,x0) the set of all limit elements of f at xQ.
It is easy to observe that in the case when X and Y are Hausdorff spaces and fsX -• Y is a continuous function at xQ, the set L(f,xQ) is a singleton {f(xQ)}. But the inverse is not generally true. The following example shows that there exists such a function f, discontinuous at x0, that L(f,xQ) = = jf(xQ)}. Moreover, this example shows' that assumptions of Theorem 1 cannot be essentially weaken. Let ß denotes the local base in x, consisting of connected, open sets. We have that f(M) n (U\W)n W 4 0 for every Me®.
Indeed, if for some Mefi f(M) n (U\W) n W = then An 3 = 0 = A n B, where A = f(M) n W and B = f(M) n (Y\W), contrary to the fact that f(.M) is a connected set. Now we order 35 by inclusion. Now, we define the net {yM}Meg in the following way: for every M e fl, let yM denotes an arbitrary element of the intersection f(M) n (U\W) n f.
It is easy to see that (1) for every ließ , yu eW\W. We denote by R the set R with che relation «» Now we define the net {p r } re ft c x in the following ways for every r = (M',P)efi let p r be such that p r e <p (M') and f(p r ) c P n (U\W). Now, we shall show, that According to (2) we have that y ^ f(x) (because f(x) e W) and according to (3) and (4) y belongs to L(f,x). The obtained contradiction oompletes the proof*
